Recently, McConnell obtained an L p inequality relating the nontangential maximal function of a nonnegative subharmonic function u and an integral expression involving the Laplacian of u. His result is imposing a restriction on the range of p. In this paper, we show that his inequality holds for all p e (0, + oo).
then u is nonnegative and subharmonic. In this case, N ι/1 and S ι/1 turn out to be the usual nontangential maximal function and the usual area integral of v, respectively. So, the results of Burkholder and Gundy [1] and C. Fefferman and Stein [3] imply that in case of (1) for all p ^ (0, +oo). (Under the additional assumption \im t^ + oo v(x, t) = 0, they showed also the converse inequality of (2) with other constants c{p,n).)
AKIHITO UCHIYAMA
Recently, McConnell [7] extended the inequality (2) 
This theorem in the case n > 2 is imposing an unnatural restriction (4) on the range of p. In this paper, we remove (4). The argument in this paper is an extension of that in our paper [8].
2. Preliminaries. First we prepare notation. The Laplacian Δ and the gradient V in this paper are taken in the sense of distributions. For a measurable subset E of the Euclidean space, let χ E and \E\ be the characteristic function of E and the Lebesgue measure of E, respectively. For x G R n and E c i?", let δ(x, E) be the distance of the point x from E. Let δ(x, 0) = +oo.
For x G R n , R > 1, a > 0, and for w(x, t) in Theorem A let (y, t) .
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Cubes considered in this paper have sides parallel to the coordinate axes. For a cube /, let /(/) and al be the side length of / and a cube concentric with / satisfying l(al) = α/(/), respectively. For a cube / in R\ let
:x e /, / G (0,/(/))}. For the proof of Theorem 1 we need the following.
where C is a constant depending only on α, β andn. Let ε > 0 be a constant such that
For η > 0, x e R" and t > 0, let In the following part of this section, the letter C denotes various positive constants depending only on α, β, ε and n.
First we accept the following (25)- (30) (28) and (26) by (27) and where |(34)| < C\I\ follows from the same argument as (32). Thus we get ff tV r ,(x,t)Au(x,t)<C\I\, which combined with (30) implies (15).
Next, we prove (25)- (30). (25)- (26) Proof of (28). Since i suppK.
for each O h( ;Λ there exists an x e Ω such that which combined with (17) and (23) (36) and (24) imply (37) U ^Ô n the other hand, (23)- (24) and (35) In the rest of this paper, the letter C denotes various positive constants depending only on α, β and n.
We continue to assume (14) . Thus, the left-hand side of (9) with (14) )>γ, N(x;a)<l}\ by (39) <Ce-c^\ {s(x;β,R)>l}\ by (40) = the right-hand side of (9) with (14), where the inequality (*) follows from (41) (a,p,n) 9 C{β,p,n) < + oo.
Therefore, Theorem 1 follows from (42)- (44).
